(3) fix) = fip) 4-/i(p)(xi -pi) 4-/n(pi + sh,p2, ■■■ ,pn)ixi -pif/2.
Here h = xi -pi, 0 < s < 1.
(4) Tix) = fip) + Tiip) ixi-pi).
Since fix) ^ ^(x), we find that (5) flip) -Tiip) + fuiVi + sh, JH , • • • , Pn)ixi -pi)/2 S 0.
The quantity flip) -Tiip) must be nonnegative, for otherwise we could choose (xi -pi) so small that (5) could not hold. (We note here/n(x) ^ 0 for x 6 D by hypothesis.)
A similar consideration in the case where pi > x\ shows that flip) -Tiip) = 0-Hence/i(p) = Tiip). In the same manner one can show that fiip) = Tiip), i = 2, ■ ■ ■ ,n. Thus Q*(x) and Tix) are identical. 
Let
where P0 = (tt/2)1'2 ^ 1.253314137,
.212023887, Received January 5, 1966.
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As may be readily verified, by inspection or substitution, P(x) has the following properties in common with F(x) :
( 1 ) For all real x, P is real, positive and finite.
(2) For all real x, dP/dx is real, negative and finite.
(3) For all real x, P(x) + P(-x) = (2tt)1/2.
(4) Asx-+0, P(x) -> iir/2)112.
(5) Asx^O, dP/dx^ -1. (6) As x (7) Asx oo , P -> 0 and xexp (af/2)P(x) -» 1.
o, dP/dx -^ 0 and id/dix"))[x exp (x72)P(x)] -> -1.
Further resemblance between the two functions may be seen in the following .00055 for x near +1.7
.0007 for small xinterval with xi and x* both near 4-2 or -2 .00016 for x near ±.9
.00016 for x near ±.6
When compared with other approximations related to the error function,2,3'4ä P(x) is seen to require more steps of computation but to mimic the integral func-lion more faithfully over the whole x-range. However, the Hastings approximation0 achieves, with its four arbitrary constants, a better fit in the range of low, positive x-values most often of interest, and it is therefore preferable for most applications. For x > 2, the Hastings approximation does not fit as well as P(x). This leads to a somewhat paradoxical observation: While the greatest absolute error for P(x) estimated from the Hastings approximation is only about one-fifth that obtained with P(x), the greatest relative error with the latter is two orders of magnitude below those encountered with the Hastings approximation. 
